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Abstract. Large vortices occurring in the axial plane of a self-similar axisymmetric turbulent jet
are educed by spatially filtering PIV data. First, the instantaneous PIV frame is convolved with a
Gaussian kernel to obtain a smooth (low-pass) field. Next, the low-pass field is Galilean transformed
to expose the large vortices residing near the edges of the jet. Large vortices tend to organize them-
selves in preferred modes; evidence of ring and helical modes is revealed by Galilean transformation
of the low-pass filtered field. Both modes seem to occur prominently in jets, with the helical mode
being the more frequent. The overall diameter of both ring and helical modes is comparable with
the local jet width. The low-pass field occasionally exhibits arrowhead shaped structures with large
entrainment at their downstream tips. Stochastic estimates computed from the Galilean-transformed
low-pass filtered field indicate that jet meander and a sweep-in of ambient fluid are sufficient to
reconstruct large vortices. The frequency of occurrence of modes agrees with previously quoted
results.

Key words: arrowhead structure, Galilean transformation, linear stochastic estimate, low-pass filter,
PIV, ring and helical modes.

1. Introduction

The ubiquitous presence of coherent structures in turbulent flows was realized after
visualization studies in planar mixing layers by Brown and Roshko [6]. Since then,
coherent structures have been a subject of great interest in fluid mechanics. It has
been established that they affect important practical processes such as dispersion
and mixing of fluids in turbulent flows, noise production in the exhaust of an air-
craft, and combustion. It is believed that understanding them, and their interaction
with themselves and the surrounding fluid will provide new insights into the flow
physics.

Although coherent structures in mixing layers are quite well documented, the
nature of coherent structures in turbulent jets is not fully established. It is partly be-
cause the energy content of coherent motion in jets is lower (about 10%) compared
to 20% for mixing layers [9] that makes recognition of structures more difficult
in jets. Extensive measurements in the far-field of jets along with better eduction
methods are therefore warranted.
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Earlier researchers primarily focused on regions close to the jet orifice, and
therefore the near-field is well understood. As the jet fluid exits the orifice, a
laminar shear layer is formed, which being unstable forms ring vortices. Adjacent
vortices pair off, followed by a circumferential instability causing vortex break-up
[11]. The jet becomes fully turbulent within about 40 diameters from the orifice,
and it was believed that the spatial scales reduce as the vortex rings break up
and are convected downstream. However, the correlation measurements with hot-
wires by Tso et al. [18], and the high-resolution LIF visualization of low Reynolds
number (650–2500) jets by Dimotakis et al. [8] provided evidence of vortices in
the far-field of jets whose size was comparable to the local jet width. These led
to further investigations to identify coherent structures (and their organization) in
turbulent jets. For example, Mungal and Hollingsworth [13] provided evidence of
large, coherent vortices in very high Re (2 × 108) jets indicating that large-scale
organization is an integral part of jet flows.

Dimotakis et al. [8] found evidence of both axisymmetric and helical modes,
and proposed that the far-field of jets was an expanding spiral. Dahm and Dimo-
takis [7] employed LIF visualization in the far-field of an axisymmetric turbulent
jet and concluded the presence of ring and helical modes, with the jet perpetu-
ally switching between them. The instantaneous concentration field was ordered in
the form of arrowhead-shaped structures, with marginal variation of concentration
within these structures. Based on three-dimensional concentration measurements,
Yoda et al. [20] proposed that the helical mode exists in pairs, such that a clockwise
and a counter-clockwise rotating spiral exist simultaneously. Further, they pro-
vided evidence of structures with a conical downstream end. Siddhartha et al. [16]
also reported arrowhead-shaped structures which telescope negligibly into their
downstream counterparts from their numerical simulations.

Tso and Hussain [17] conducted measurements in jets with a rake of X-wires
and concluded that the helical mode is the most preferred and occurs 12% of
the time. The double helical mode was found to occur 3% of the time. The ring
mode, although present, was not considered to be dynamically important in the
jet far-field. On the other hand, Yoda et al. [19] found organizational modes for
almost all their realizations. They also found that helical and ring modes occur
with almost equal probability, and that the structures maintain themselves for a
large downstream distance. Although it appears at first glance that the frequency of
modes seen by Yoda et al. [19] is far greater than that observed by Tso and Hussain
[17], we will subsequently show that their results are actually in close agreement
with each other, and with our results as well. Tso et al. [18] suggested that these
structures persist for about three times the local jet width.

Interestingly, even before the presence of ring and helical modes in axisymmet-
ric jets was experimentally confirmed, they had been predicted by several theoreti-
cal studies. For example, linear stability analysis of inviscid jets by Batchelor and
Gill [5] showed that only the helical mode can produce amplified disturbances.
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Similarly, the linear stability analysis of Michalke [12] had suggested that the
helical mode is the most unstable mode.

Experimental studies to date differ in their descriptions of these organizational
modes perhaps due to the difficulty involved in identifying coherent structures.
Tools employed by previous researchers – visualization methods, and conditional
averaging of pointwise data – have limitations in exposing a vortex: visualization
methods cannot provide quantitative information, and pointwise measurements
suffer from inadequate spatial resolution. Therefore, neither is ideally suited for
such investigations. Both of these difficulties, however, are surmounted by whole
field velocimetry techniques such as PIV.

PIV allow simultaneous velocity measurements at a large number of points
over extended planar domains. A low-pass filtering operation on the PIV veloc-
ity data exposes the largest structures (and removes the smaller vortices from the
flow field). The streamline pattern for the educed vortex in the low-pass field is
closed for a large radial extent making the identification process robust. A detailed
description of the low- (and high-) pass filtering technique is presented in [2, 3].
An additional advantage of whole field velocimetry is that along with quantitative
information of a vortex, the velocity of the neighboring fluid is also available.
For example, induced velocities in the surrounding field due to the Biot–Savart
effect of coherent structures can also be deduced from PIV data. Therefore, PIV
coupled with the low-pass filtering technique constitutes an effective tool to study
the organizational modes in a jet.

This paper focuses on results from the low-pass filtered field. Vortices occur-
ring in the high-pass field have been discussed earlier [3, 4]. Briefly, Agrawal and
Prasad [3] present results for pdf’s of vortex circulation, energy and frequency of
occurrence as a function of the radial coordinate in jets. In [4] the focus is on the
radial distribution of circulation and other properties within vortex cores. High-pass
results from [3, 4] will be contrasted in the following sections with the low-pass
field results which form the thrust of the current paper.

In this work, we examine the organizational modes of the larger vortices educed
from the low-pass filtered velocity data in the axial plane of a turbulent axisymmet-
ric jet. Our goal is to characterize these modes in an unambiguous and quantitative
manner. Organizational modes of the larger vortices are revealed by a suitable
Galilean transformation of the low-pass filtered field. Stochastic estimates are com-
puted to estimate the frequency of occurrence of the organizational modes and to
understand the mechanisms responsible for the production of the larger vortices.

2. Experimental Setup

PIV measurements were conducted in a 1.2 m tall glass tank with a 0.5 m square
cross-section, which houses a nozzle at the bottom (orifice diameter, d = 2 mm).
The jet was directed upwards and measurements were conducted in an axial plane
(x, z) of the jet. Twin Nd-YAG pulsed lasers (350 mJ/pulse at 532 nm) provided
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Figure 1. Experimental set-up.

illumination for PIV with a pulse separation of 12 ms (Figure 1). 8 µm hollow
spherical glass particles were used as tracers for PIV with water as the working
fluid. Images were recorded using a Kodak 1.0 ES camera with a 1026×1000 pixels
array. Frames were captured at 0.5 Hz such that successive frames were statistically
uncorrelated. Measurements were conducted for a jet Reynolds number, Re (based
on d and the exit velocity) of 3000. A small magnification (1/13) was employed to
ensure that an adequate jet width was captured in the viewframe. The viewframe
(110 ≤ z/d ≤ 175) containing 60 × 60 vectors was centered on the jet axis.

The definition of Robinson et al. [15]: “A vortex exists when instantaneous
streamlines mapped on to a plane normal to the core exhibit a roughly circular
or spiral pattern, when viewed in a reference frame moving with the center of the
vortex core”, is used here for the definition of a vortex. The rotational sense of
vortices is obtained in the conventional way, i.e., positive if the center of the eddy
is to the left while transversing the path, and negative otherwise.
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3. Techniques Employed

A few specialized data processing methods have been employed in this work. A
brief overview of these techniques is provided here; additional details may be found
in [3].

3.1. LOW-PASS FILTERING

PIV data is spatially filtered to educe the vortical structures in the flow field. Fil-
tering is achieved by convolving the instantaneous velocity field by a Gaussian
kernel. The convolution operation produces a smooth (low-pass filtered) field by
suppressing the higher frequency content. The lowest retained frequencies corre-
spond to the largest vortices in the flow. The standard deviation of the smoothing
Gaussian kernel was set to three grid units, and the filter was truncated at five
grid units. The choice of the smoothing parameters was dictated solely by the
constraints imposed during the eduction of the small vortices in the high-pass
filtered field [3]. These parameters were chosen after a careful iterative process
to ensure that the high-pass filtered field reproduced all the vortices that could also
be exposed by Galilean transformation. On the other hand, the large vortices in
the low-pass filtered field are far less sensitive to the choice of the parameters.
Consequently, we have retained the original values for the sake of continuity. In
fact, using the same values of parameters in [3] and in the current paper ensures
that the entire spectrum of vortices is educed with minimal adjustment of user-
supplied parameters. Further, the chosen parameters educe vortices only on the
order of the jet width (i.e., vortices of diameter larger than 11 grid units) in the
low-pass filtered field.

3.2. GALILEAN TRANSFORMATION

Galilean transformation involves a simple change of the reference frame. It is
performed by subtracting a constant velocity from the entire velocity field [2, 3].
Vortices with an advection velocity close to the subtracted velocity are exposed by
this process. Successive Galilean transformations with a gradual increment of the
subtracted velocity can educe all the resolvable vortices from an instantaneous PIV
realization.

3.3. LINEAR STOCHASTIC ESTIMATION

Stochastic estimation is a useful tool to reconstruct a velocity field conditioned
upon one or more events, from a set of whole-field velocity data [1, 10, 14]. A
large data-set of instantaneous PIV vector fields collected under identical condi-
tions, and one (or more) event vector(s) are the inputs to this technique. A large
data-set is critical for success, whereas the number of specified events should be
kept to a minimum. The output (estimated field) is obtained by minimizing the
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root-mean-square error between the estimated and the instantaneous input fields.
The technique has been successfully employed to educe both the dominant and
the underlying structures in stationary turbulent flows. For example, Prasad and
Gonuguntla [14] applied it to high-Rayleigh number turbulent thermal convection
and obtained insight into the various modes in their flow.

Stochastic estimation of PIV data is somewhat equivalent to conditional aver-
aging of pointwise data. For both of these techniques, an event vector is specified
and a vector field surrounding the event vector is obtained. The primary difference
is that the former constitutes a least-squares fit to the entire data-set, whereas the
latter averages only that subset of the data which contains the specified event vector.
It should be noted that due to its least-squares nature, a stochastic estimate need not
resemble any of the instantaneous data-fields that serve as the input.

Mathematical details of this technique presented here are adapted from [1, 14].
Let ui(x

′) represent all of the available data. If the specified event vector is uj (x),
and the vector field predicted by stochastic estimation is ûi(x

′), then we may write:

ûi (x
′) = Aij (x

′, x)uj (x),

where Aij (x
′, x) is the coefficient matrix. The mean square difference between the

estimated field and the data needs to be minimized, i.e.,〈[ui(x
′) − ûi (x

′)]2
〉 = 〈[ui(x

′) − Aij (x
′, x)uj (x)]2

〉 = minimum.

Upon applying the orthogonality principle for minimization which states that the
errors [ui(x

′) − Aij (x
′, x)uj (x)] are statistically orthogonal to the data, we obtain

the following necessary condition:〈[ui(x
′) − Aij (x

′, x)uj (x)]uk(x)
〉 = 0.

Aij is then determined by using the two-point correlations according to:

Aij (x
′, x) = 〈

ui(x
′)uk(x)

〉 〈
uj (x)uk(x)

〉−1
.

Finally,

ûi (x
′) = 〈

ui(x
′)uk(x)

〉 〈
uj (x)uk(x)

〉−1
uj(x). (1)

The estimated field ûi (x
′) is such that its mean square error with respect to the

measured data has been minimized. It is the best mean square estimate.
If the specified event is a single-point event, 〈ujuk〉 is a 2 × 2 matrix:

〈ujuk〉 =
[ 〈u1u1〉 〈u1u2〉

〈u2u1〉 〈u2u2〉
]

where u1 = u and u2 = w. If a two-point event is specified, 〈ujuk〉 is a 4 × 4
matrix:

〈ujuk〉 =
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Figure 2. Axial variation of the jet width.

For a two-point event, superscripts 1 and 2 refer to the first and second points
respectively.

Terms like 〈u1u2〉 denote two-point correlations, which were computed using
the entire data set according to:

〈u1u2〉 = Ru1u2(x, z, x′, z′) = 1

N

N∑
1

u1(x, z)u2(x
′, z′), (2)

where (x, z) and (x′, z′) represent the first and second point in the two-point corre-
lation respectively, and N is the total number of realizations in the ensemble (222
in our case).

4. Results and Discussion

Results presented in this paper pertain to a jet Reynolds number of 3000, with
the viewframe located between 110 ≤ z/d ≤ 175. The jet width, b (defined as
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the radial location at which the mean streamwise velocity reduces to e−1 of the
mean centerline velocity) varies linearly with the downstream coordinate, z. For the
present configuration b varies between 12 and 20 grid units (∼ 24–40 mm) from
bottom to top of the viewframe (Figure 2). The growth rate of the jet (db/dz =
0.11) agrees with published data. Each PIV frame contains 60 × 60 vectors on a
square grid, and therefore contains a minimum of 1.5b on either side of the jet axis,
and about four times the nominal jet width along z. The Kolmogorov length scale
for the present configuration is approximately 0.2 mm. Our data set consists of 222
statistically independent frames.

4.1. EXAMINATION OF THE LARGEST VORTICES FROM LOW-PASS FILTERED

DATA

The largest structures are educed by means of Galilean transformation, i.e., by
subtracting the advection velocity of the vortices (about 15% of the nominal cen-
terline velocity) from the low-pass filtered fields. (The nominal centerline velocity
refers to the centerline velocity at the center of the view frame.) As noted earlier,
only vortices larger than the cut-off filter size (R > 5 grid units) are exposed
in the low-pass filtered field. These largest vortices are rather infrequent (average
of three per frame) and are generally located near the jet boundaries. (Note that
the operations of Galilean transformation and low-pass filtering are commutative.
Therefore the results are independent of the order in which these are performed.)
Our intention was to inspect the resulting field for any preferred arrangement of the
largest vortices, i.e., does the low-pass Galilean transformed field provide evidence
for the previously observed ring or helical modes?

Examination of individual PIV realizations revealed that about one in three
frames indicates the presence of such modes. In other words, modes are present
1/3 of the time over a downstream distance equal to four times the jet width at the
center of the frame. We estimate the viewfield (30 ≤ z/d ≤ 83) of Yoda et al. [19]
as 10 times the jet width at the center of their frame. Assuming that the probabil-
ity of mode occurrence correlates with the size of the viewfield, Yoda et al. [19]
should discern modes 2.5 times more frequently than us. Our result is therefore
consistent with their [19] observation that modes are almost always present. Tso
and Hussain’s [17] apparently infrequent observation of modes (15%) can also be
explained in a consistent manner. They made their measurements with a rake of
X-wires spanning 1.5 times the jet width, therefore their equivalent “viewframe”
would correspond to a downstream distance of 1.5b. Assuming that a viewframe
that is 10b long in the axial direction will almost always exhibit a mode [19],
Tso and Hussain’s [17] frequency of mode detection should then correspond to
1.5/10 = 15%.

We will first provide evidence of the organizational modes from individual
Galilean-transformed PIV realizations. Figure 3 shows two vortices centered at
(5, 30) and (56, 30) rotating CCW and CW respectively. The size and shape of the
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Figure 3. Ring mode obtained by Galilean transformation of low-pass filtered field
(110 ≤ z/d ≤ 175, 1 grid unit = 2 mm).

vortices are comparable indicating that they might belong to the same axisymmet-
ric ring (of radius 25.5 grid units). Another pair of rings (truncated by the edge of
the frame) with a slightly larger radius can also be discerned in the frame at z ≈ 45.

Figure 4 shows four vortices: those centered at (10, 5) and (10, 31) rotate CCW,
while those at (52, 16) and (51, 49) rotate CW. While the horizontal separation
between the eddies remains roughly constant (42 grid units), the vertical separation
between successive vortices (of 11, 15, 18 grid units respectively) increases down-
stream. These four vortices could jointly represent an expanding helical structure
residing near the edge of the jet. The inner core of the jet in Figure 4 appears to
contain arrowhead-shaped structures.

A better example (without Galilean transformation) containing three arrowhead-
shaped structures is presented in Figure 5. Note the uniformity in vector size within
each structure, indicating little variation in velocity within it. This observation is
consistent with the concentration measurements of Dahm and Dimotakis [7]. In
addition, large inward velocities occur at the downstream end of the upper-most
structure. This indicates that these arrowhead shaped structures induce entrainment
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Figure 4. Helical mode obtained by Galilean transformation of low-pass filtered field
(110 ≤ z/d ≤ 175, 1 grid unit = 2 mm).

near their tips, or, conversely, large entrainment causes the conical shape of these
structures. A similar observation has been reported by Yoda et al. [19]. One might
expect a ring mode at the (somewhat symmetric) base of the structure, however our
data set does not provide evidence for it (see Figure 4).

Agrawal and Prasad [3] found that substantial numbers of smaller vortices in the
high-pass field can have a rotational sense opposite to that suggested by the time-
averaged vorticity value. In other words, they found a sizable fraction of vortices
rotating CCW (CW) in the right (left) half-plane of the jet. However, Figures 3
and 4 show that the largest vortices always rotate CW in the right half-plane and
CCW in the left half-plane, i.e., their rotational sense correlates with the time-
averaged vorticity value. This observation is consistent with the idea of engulfing
vortices residing at the edges of the jets proposed by Dimotakis et al. [8]. The large
vortices induce a Biot–Savart velocity in the ambient irrotational fluid. The ambient
fluid is subsequently ingested into the body of the jet, and finally, by straining and
molecular diffusion, mixes thoroughly into the jet fluid.
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Figure 5. Arrowhead shaped structures from low-pass filtered field (110 ≤ z/d ≤ 175, 1 grid
unit = 2 mm).

4.2. EDUCTION OF MODES BY STOCHASTIC ESTIMATION

As seen above, Galilean transformation of the low-pass filtered field reveals the
largest vortices present in the frame. Stochastic estimation was then applied to
investigate the robustness of these organizational modes. Stochastic estimates were
computed for one- and two-point event vectors (two and four events respectively).
Stochastic estimation proceeds in the following manner:

1. The instantaneous PIV frame is low-pass filtered.
2. The low-pass field is Galilean transformed by subtracting about 15% of the

ensemble-averaged centerline velocity at the center (along z) of the frame. As
seen above, this is approximately the advection velocity of the structures, and
therefore educes the vortices. (Results are not very sensitive to the amount sub-
tracted for Galilean transformation. For example, almost identical stochastic
estimates are obtained for 15 and 20%.)

3. Two-point correlations are computed according to Equation (2) and stored.
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Figure 6. Single-point stochastic estimate showing a ring mode; event (1, 0) specified at
(20, 30) corresponds to a sweep-in of ambient fluid. (The open circle specifies the location
of the event-vector. 110 ≤ z/d ≤ 175, 1 grid unit = 2 mm.)

4. Event vectors are specified at the chosen point(s). The choice of the event
vector and its location is decided after several careful iterations and the most
illustrative examples are presented here. Values of the specified events uevent

and wevent are hereby represented as (uevent, wevent). Note that, if uevent and wevent

are multiplied by a constant, the stochastic estimated field also scales by that
constant (and remains qualitatively unchanged). We therefore set either uevent

or wevent to unity.
5. The stochastic estimate is computed according to Equation (1).

It should be noted that the chosen event vector should agree within machine preci-
sion with the corresponding vector calculated by the stochastic estimation program.
This important check was successfully performed for all the results presented here.

First, results are presented for a single-point event vector, and then for a two-
point event vector.
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Figure 7. Single-point stochastic estimate showing a ring mode; event (−0.7, 1) specified
at (25, 40) corresponds to jet meander. Note the jet tilt is exaggerated because of Galilean
transformation. (110 ≤ z/d ≤ 175, 1 grid unit = 2 mm.)

4.2.1. Single-Point Event Estimates

A ring mode appears if a large inward sweep of ambient fluid into the jet is specified
at either side (Figure 6), or if the jet is forced to meander to one side (Figure 7).
Here, “inward sweep” refers to the situation in which the velocity of the neigh-
boring (ambient) fluid is directed toward the jet-axis. “Jet meander” refers to a
situation where the fluid at the jet centerline bends either to the left or the right. In
Figure 6, the event vector (1, 0) located towards the left edge at (20, 30) ensured
an inward sweep of the ambient fluid (note that the stochastic estimate necessar-
ily produces highly smooth vector fields, and therefore this event will induce a
substantial portion of fluid in its neighborhood to be directed towards the center-
line). The specified event led to the emergence of ring-mode vortices at (11, 53)

and (52, 51). (Large shear at the edges of the jet seems to be responsible for the
distortion of vortices.) In Figure 7, a leftward meander forced by the event vector
(−0.7, 1) specified slightly away from the centerline at (25, 40) spawned vortices
centered at (10, 28) and (49, 24). Although the event vector represents a strong
tilt away from the vertical, the severity of the tilt is somewhat exaggerated as the
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Figure 8. Single-point stochastic estimate showing a helical mode; event (1, 1) specified
at (30, 25) corresponds to jet meander. Note the jet tilt is exaggerated because of Galilean
transformation. (110 ≤ z/d ≤ 175, 1 grid unit = 2 mm.)

input fields are Galilean transformed by subtracting 15% of the nominal centerline
velocity. Note that the radius of the emerging vortex ring is about 20 grid units
(Figures 6 and 7), and is comparable to the local jet width (Figure 2).

Figure 8 shows another stochastic estimate field obtained by forcing the jet
to the right with an event (1, 1) located at the centerline (30, 25) leading to the
emergence of vortices centered at (49, 15), (15, 35) and (51, 45) while a fourth
vortex might be present at the base of the frame. These vortices could belong to a
helical coil (radius of about 17 grid units) encircling the jet.

4.2.2. Two-Point Event Estimates

These results are obtained by specifying a total of four events. The first result
in Figure 9 pertains to event vectors (0.7, 1) located at (29, 10), and (0.7, 1) at
(30, 60) respectively, i.e., an in-phase meander is forced on the jet. A ring structure
near the top of the frame with centers at (8, 51) and (52, 48) appears, while a
second ring structure centered at (46, 5) and (13, 17) can also be discerned. These
rings are clearly defined and can therefore be more easily discerned than the corre-
sponding rings in Figures 6 and 7. This and subsequent results indicate the benefit
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Figure 9. Two-point stochastic estimate showing a ring mode: (0.7,1) specified at (29, 10),
and (0.7, 1) specified at (30, 60). Note the jet tilt is exaggerated because of Galilean
transformation. (110 ≤ z/d ≤ 175, 1 grid unit = 2 mm.)

of computing stochastic estimates based on four events. Two interesting observa-
tions about these vortex rings can be made. First, the right vortex somewhat trails
its left counterpart. In other words, the axis of the vortex ring does not coincide
with the time-averaged jet axis, rather it is aligned with the local instantaneous
centerline velocity vector. Second, the radial location of the two vortex rings (22
and 16.5 grid units respectively) are roughly equal to the local jet widths. Both
these facts, support our conclusion that the vortices indeed belong to the same
vortex ring.

It was observed that upon specifying event vectors at two points, the helical
mode is more easily reconstructed than the ring mode. In Figure 10, both the event
vectors are located away from the axis at (15, 2) and (48, 23). The specified events,
(1, 0) and (−0.4, 0) respectively, provide inward sweeps of ambient fluid. The
specified events are probably individually responsible for the proximal vortices at
(12, 13) and (52, 33), while they jointly spawn the vortex at (9, 53). These vortices
appear to be part of a helical coil of approximate radius 21 grid units.

A final example is provided in Figure 11, where four vortices centered at (8, 17),
(53, 24), (6, 43) and (59, 54) are exposed by specifying the event vector (0.4, 0)
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Figure 10. Two-point stochastic estimate showing a helical mode: (1, 0) specified at (15, 2),
and (−0.4, 0) specified at (48, 23). (110 ≤ z/d ≤ 175, 1 grid unit = 2 mm.)

at (10, 10), and (−0.4, 1) at (50, 50) respectively. Both event vectors ensure an in-
ward sweep of ambient fluid, and are individually responsible for the corresponding
proximal vortex. While the two vortices on the left plane rotate CCW, those on the
right rotate CW. The four vortices belong to a single helical coil around the jet at
its boundary. Note the arrowhead shaped underlying structures. The large inward
velocity at the tips of the arrowhead is evident, and replicates the instantaneous
observations.

Note that when specifying four events, a significant tilting of the jet is no longer
essential (compare Figures 10 and 11 to Figures 6–8). Stochastic estimates based
on two-point events appear to be more physically intuitive than single-point events,
owing perhaps to the fact that velocities in a turbulent jet become weakly correlated
as the downstream separation increases.

It should be noted that specifying events with a magnitude or direction slightly
different than those reported in the paper resulted in a similar looking structure at
almost the same location. As stated before, event vectors and their locations were
chosen such that the most illustrative flow fields are extracted. Further, the event
vector should be specified with some care such that only physically realistic fields
are constructed.



LARGE-SCALE VORTICES IN AN AXISYMMETRIC TURBULENT JET 375

Figure 11. Two-point stochastic estimate showing a helical mode: (0.4, 0) specified at
(10, 10), and (−0.4, 1) specified at (50, 50). Note the underlying arrowhead shaped structures.
(110 ≤ z/d ≤ 175, 1 grid unit = 2 mm.)

It is evident from the examples cited above that a large inward sweep of the
ambient fluid, and jet meander are primarily associated with the appearance of
vortices. These judgements were made in the post-processing, i.e., upon examining
the ensuing vector field. Several alternative event combinations were attempted; for
example, we tried to educe vortices by specifying up and down event-vectors at the
same z location but separated by a small x, or, left and right event-vectors at the
same x and separated in z. These combinations however did not educe any mode.
They did produce a vortex on one side of the jet axis, however the corresponding
pair on the other side of the jet-axis could be hardly discerned.

5. Conclusions

Organizational modes of large vortices occurring in the axial plane of a self-similar
axisymmetric turbulent jet are examined in this paper. The consistent presence of
these modes deduced from the application of Galilean transformation, and one-
and two-point stochastic estimation, attests to their robustness for this flow field.
The vortices are educed using a two-step process. First, a low-pass filtered field
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is obtained by convolving the instantaneous velocity field by a Gaussian kernel.
Next, the low-pass field is Galilean transformed to expose the largest vortices.
The advection velocity of these vortices is about 15% of the local mean centerline
velocity. Ring and helical modes, and arrowhead shaped structures are evident after
suitable combination of these operations. Ring and helical modes were found in 1/3
of the total number of acquired frame (the frame covered a downstream length of
4b). Our result is consistent with Yoda et al. [19] who report that a mode was
almost always present over a viewframe of length 10b, and Tso and Hussai [17]
who report that a mode was present 15% of the time over an equivalent viewframe
of 1.5b. The helical mode appears to be more dominant of the two. Perhaps the
double helical mode is more difficult to observe, and has not been discerned from
our data set.

Analysis of the modes reveals several useful features. The diameter of the educed
vortex ring is comparable with the local jet width, and its axis is aligned with
the local instantaneous centerline velocity vector. Evidence of two vortex rings
occurring simultaneously over a downstream distance of four times the average jet
width is provided. The existence of a helical coil comprising up to four vortices
is presented. The spacing between adjacent vortices for the helical coil increases
with downstream distance, while its diameter is of the order of the local jet width
indicating presence of an expanding spiral encompassing the jet body.

The prominent occurrence of ring, helical, and arrowhead structures in the
Galilean transformed low-pass filtered field is consistent with their appearance in
the fields computed by stochastic estimation. Stochastic estimates revealed that
while it is more difficult to reconstruct modes by a single-point event vector, both
ring and helical modes can be rather easily exposed by specifying event-vectors at
two-points. Further, it indicates that a large entrainment of ambient fluid into the
jet body, and jet meander are the primary features associated with the production
of large-scale vortices.
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